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[TojaM ancosiyTHe BpeJHOCTHU

[IojaM amcosiyHe BpeJHOCTH je jelaH O IPBUX allCTPAKTHUX IIOjMOBa KOjU ce yBOJHU
KO/l Y4eHUKa y CTapHujuM pa3peArMa OCHOBHE IlKoJie U3 anreope. [lojam 6poja U HajBakHU]e
0cOOHMHe NPUPOJHUX OpojeBa y MJyahuM paspesyMa OCHOBHE ULIKOJIE, T0jaM pas3JjioMKa M
0COOMHE ce yCBajajy rOTOBO Yy MOTIYHOCTU KoJ HajBeher 6poja yueHuKa. YBohemwe mojma
1esior 6poja, y 1ecToM paspejlly, HAa OCHOBY IoOjMa CYNpOTHOT 6poja, je Takohe MOTHyHO
pa3yM/buBO BehrHU y4yeHUKa. [Ipo6sieM ce jaB/ba Beh npuinMKoM yBohemwa mojMa ancosiyTHe
BpEeZHOCTH.

Yno3HaBawe y4eHHMKa ca alcoJlyTHOM BpejHoluhy nmoMohy mpejcTaB/barba Le0T
6poja Ha 6pojeBHOj MPaBOj, KA0 yAa/beHOCT 6poja 0/ HyJie je MHOTO 60J/bU MPUCTYII O] CTpOre
u ¢dopmanHe aeduHMUIMje, ca KOjoM Tpeba cayekaTH [JOK Y4YeHUIIM He IpUXBaTe y
NOTNYHOCTH 3Ha4Yeke TOr NojMa. HauMe noTpe6GHO je yBeCTU OCHOBHE 0COOMHE allCOTYTHUX
BPeJHOCTU CaMO Ha OCHOBY TakBe JlepHHHUIIMje, a TEeK KaCHUje Kajla Cy YYeHULU OBJaJalu

THUM [I0jMOM KOPUCTUTHU U Jipyre popMasiHuje 061uKe AedUHUIM]je allCOyTHE BPELHOCTH.

[IPBU I10JAM O AIICOJIYTHOJ] BPEAHOCTH LIEJIOI' BPOJA

AmncosiyTHa BpeAHOCT G6poja je yAa/beHOCT G6poja mNpeACTaB/bEHOT Ha
KOOPAMHATHOj OCH OJ KOOPJAHWHATHOT MOYeTKa.

[Ipumep: |[+3| =|OH|=3 |[+1] = |OF|= 1 |0] =]00]=0
|-2| = |DO|= 2 |-1|=|EO| =1

CynpoTHHU G6pojeBH MMajy je AHAKY ancoJIyTHY BpeAHOCT.

5 4 3 2 1 0 1 2 55
|-5]=+5]=5 jep  |AO|=]0]|= 5
|- 4 = |+4]| = 4 jep |BO| =|0I| = 4
|-3|=[+3]=3 jep |CO| = |OH| =3
|-2| = |+2| =2 jep |IDO| = |OG| =2
|-1]=|+1]=1 jep |[EO| = [OF| = 1
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ArnicosiyTHa BpeAHOCT 6poja He MOKe 6UTH HeraTuBHa,
TO jeCT 3a CBaKH 11e0 6poj a Baxku |a|=0.

Yna/beHoCT, KaKo MO3UTHUBHOI, TaKO U HbeMy CynpOTHOT 6poja oJ, KOOpJWUHATHOT
o4yeTKa, To jecT 6poja 0, Ha 6POjeBHOj OCH je yBeK MO3UTHUBAH 6poj, a cnenujanHo |0] = 0.

HakoH noTnyHor oBJiIaZilaBama OjMOM allCOJIyTHE BPeLHOCTH 0/ CTPaHe yYeHHUKa, Kao
yAa/beHOCTHU O6poja npeAcTaB/beHOT HAa OpojeBHOj TpaBoj of, 6poja 0, Tek Taga Tpeba YBECTHU U
dbopmanHy aeduHUMLMjy, TAe ce Mopa BHUIIe NyTa anocTpopupaTH Ja je 3a HeraTHBHE
BPeAHOCTU TO 6pOj CypoTaH 0J; caMor 6poja, a HUKAKO caMo HaBeCTH: ako je a<0 Taja je

|a| = -a, wTO KOA yYEeHN KA IPaBU 3a0yHY U CMaTpa ce Kao HeraTUBHA BpPeJHOCT.

a, a=>0

Ako je a € Z, oHga ‘a‘ = <0
—-a, a

OCHOBHE HEJEAHAKOCTH ¥ CKYIIY LLEJINUX BPOJEBA

3a cBe neJie 6pojeBe Baxe ciejehe Heje JHAKOCTH:

1) x<|x|
2)  Ix+ylsix|+]|yl]
3) | X1+ X2+ o+ Xn | S| X1 |+ | X2 | + oo + | Xn ]|

4)  |x-yls|x| +|y]

5)  lIxI-lyllslx-y|
Jlokas:
1) Akoje x20 Taja | x| =x,
aKo je x<0 Taja |x|=-x>0>x

2) Axkoje x+y=20 Taga |x+y|=x+y <|x|+|y| HaocHOBY Beh fokasaHor 1),
akoje x+y <0 Taga |x+y| =-(x+y)=-x-y =(x)+ () <|-x|+]|-y|=
|x[+]yl

3) HejemHakocT je yomniuTaBakbe NPeTX0JHE HejeJHAKOCTH 2)
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4) Ako je Z=X-) TajJlajeXx=Zz+yIaHaOCHOBY HejeJHAKOCTU 2) Baxku
|x|=|z+y|<|z|+|y]| Aakie 3aMmeHOM Zz=Xx-)y Aobujamo
| x-y+y|<|x-y|+|y| aHakoH cpehuBama
|x|<|x-y|+|y| " KOHa4YHO IPOMEHOM CTpaHE Ke/beHY HejeJTHAKOCT
Ix[-lyl=lx-yl.

5) BpeaHocT u3pasa [l x|-|y|| moxe 6utu +( | x|-|y|) akoje|x|-|y|=0

win || x|-|y|| moxe6utu -(|x|-|y|)akoje|x]|-|y|<0
na cBakako Baxu |x|-|y|<||x|-|yIl

JEAHAYUHE U HEJEAHAYUHE CA AIICOJIYTHUM
BPEJHOCTHUMA ¥ CKYIIY LEJIMX bPOJEBA

JelHauYMHe M HejeAHAUYMHeE ca allCOJIyTHOM BpeJHOIIhy jeiHOT
JIMHEApHOT a/irebapckKor uspasa

Hajuyenrhu o6/mMnM je JHaYMHA y CKyny 1leJIUX OpojeBa Cy:

1) |x|=a, 3aa20, TajJa je pelmiembe X=-a WIA X=+a
2) |x|=|yl Taja je pelwielbe X=-y WIA X=+y
[TPUMEPH:
1) Pewu jegHavyuHy: a) | x| =3 0) | x|=-2 8) |x+1|=5
a) |x|=3 Tama x=-3 wau x=+3 T, xe{—3, +3}
0) | x| =-2, jenHaunHa HeMa pellema jep je | x | = 0 3a cBakH 11e0 6poj x, Tj. X € D
8) |x +1|=5 Taga x+1=-5 wau x +1=+5naoHga

x=-5-1 uau x =+5-1 1 KoHa4yHO
X =-6 Wi X =+4,Tj.
x € {-6, +4}
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2) Pewwu jenHayvny: a) |x+6|=]|2x+3] 3x-1|=13x+7|
a) U3 |x+6|=]|2x+3]|mobujamo: x+6 =+(2x+3) wimu x+6 =-(2x+3)
JaJbe xX+6 =2x+3 wm x+6 =-2x-3
x-2x=+3-6 Wi x+2x =-3-6
-x = -3 i 3x =-9
x=-3:(-1) wim x =-9:3
KOHAYHO X = +3 wim x =-3
0) U3 |3x-1|=|3x+ 7| nobujamo: 3x-1=+3x+7) wiu 3x-1=-3x+7)
Jabe 3x-1=+3x+7 mwim 3x-1=-3x-7
3x-3x=+7+1 wim 3x+3x=-7+1
0=8 uam 6x =-6 |:6
IpBa jeJHAKOCT HEMa pelllewma Tj. X € J wm x =-1
Y KOHA4YHO jeJUHO pelleme jeJHAYUHE je: x=-1
Hajuyenrhu o6/iMM HejeHAYMHA Y CKYIy LieJIMX GpojeBa cy:
1) |x|>a, 3aa=20, Taaajepemieme X<-a WIK X > +a
2) |x|<a 3aa=20, Tazajepemiele X>-a U X<+ad OJHOCHO -A<X<+a

[TPUMEPH:

1) Pemu HejegHaAuMHYy y CKymy LieJiuX 6pojeBa:

PELIEA:
a)

6)

a) |x+6]|>3

Ha ocHoBy 1) Baxku x+ 6 <-3

N KOHA4YHO

x<-3-6
x <-9
x ef{.., -11,-10}

xef., -11,-10}0{-2,-1, .}

Ha ocHoBy 2)Baxu x-1>-4

O/THOCHO:

N KOHA4YHO

6)

NJIn
NJIn
NJIn

NJIn

U

-3<x<+5

xe{-2,-1,0,1,2,3,4}

|x-1|<4

X+6>+3

X >+3-6

xe{-2,-1,..}

x-1<+4
4<x-1<+4

4+1<x<+4+1
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JenqHayvHe U HejeJHAYMHE CAa BULLIECTPYKOM aIllCOJIYTHOM

BpeJIHOIINY jeHOT JIMHEeapHOT aJire6apcKor u3pasa

[TIPUMEPH:

1) Pewin jefHayMHy y CKyIy LieJIMX 6pojeBa:

a) |||x|+x]|+x|=2013

PEIIEHA:
a) 3ax<0;

[|-x +x|+x|=2013

| x| =2013

-x =2013

x=-2013

6)

IIlx|-x|-x]=2013 B) |[|x]|+1]+1]=2015

3ax20;

|| x +x|+x|=2013
| 2x +x|=2013

| 3x | =2013
3|x|=2013

| x| =2013:3
x=671

KOHA4YHO pellee jeJHAYNHE je X € {-2013, 671}

3ax<0;

|| -x-x|-x]|=2013
|| -2x|-x]|=2013

| -2x-x|=2013

| -3x|=2013
3|x|=2013

-3x= 2013
x=2013:(-3)
x=-671

3ax=0;

[|x -x|-x|=2013
| -x|=2013

| x| =2013

x =2013

KOHAYHO pellene jeJHAYMHe je X € {-671, 2013}

[I] x|+ 1] +1] =2015
[|x|+1]+1=-2015
[|x|+1]=-2015-1
|| x|+ 1] =-2016

HEMa pellemhe

NJIn

NJIn

NJIn

NJIn

|| x| +1]+1=+2015
[|x|+1]=2015-1

|| x| +1]|=2014

|x|+1=-2014 win | x|+1=+2014

| x|=-2014-1 win | x|=2014-1

| x| =-2015 win | x|=2013

HeMa pelleme i  x=-2013 wau x= 2013

KoHayHoO peunieme jefHA4YUHE je: X € {-2013, 2013}
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AIICOJIYTHA BPEJIHOCT PEAJIHOI' bPOJA

AncosyTHa BpeaHOCT (MoJyJs) peasHOr 6poja yBOAW Ce CAWYHO JPYTOM OOGJIMKY
AeduHUIMje anicosIyTHE BpeAHOCTH IieJIoT Opoja:

a, a=>0

Ako je a € R, oHza ‘a‘ ={ 0
—-a, a<

ArnicosiyTHa BpeJHOCT peasiHOT 6poja d ce MoKe Ae(pUHUCATH U Ha cJiefehy HauuH:
la|=max{-a,a}.
[pumepwu: ‘5‘=max{—5,5} =35,
|-5| = max {~5,—(~5)} = max{-5,5} =5,
0| = max {-0,0} =0.
W3pBajamo JiBe HenocpeaHe nocaeauie fepruHUIMje ancoyTHE BPeAHOCTH PEATHOT
6poja. 3a cBakH peaJsiaH 60j X BaXKH:

1. ‘x‘ >0
2. ‘—x‘ = ‘x‘
3a cBe peaJiHe OpojeBe X U ) BaXKHu:

)

l.xé‘x‘ I/I—XS‘X

2.x£y/\—x£y:>‘x‘£y,

3.y =[x |5,
x| | |
4.|—|=1-,nox yciosom aaje y #0,
vl |y

)

5.‘x+y‘£‘x‘+‘y

6. =P < b= o <+ 1y,
Jlokas ce U3BOJM Ha MCTHU HAYMH Kao U Y CKyIy LieJIUX 6pojeBa. [lak/ie cBa CBOjCcTBa
arcoJIyTHE BPeJHOCTH LieJIoT 6poja MpeHoce ce U BaXke 3a allCOJIyTHY BPELHOCT peasiHoT

0poja, a arncoJiyTHA BPeAHOCT aJire6apCcKor HM3pasa YBOAM Ce HAa aHAJIOTaH HAaYMH:

+A4, A=0

AKo je A ajnre6apcku uspas OHAA ‘A‘z{ 4 A<0
f— ) <
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BpenHocT u3pasa ca ancosiyTHUM BpeJHOCTUMA JIMHeapHUX
a/JirebapCcKux M3pasa

[MPUMEPHU:
1) H3pauyHaj BpeAgHOCT U3pas3a A= ‘ \/E—ZH 3-2 ‘

2) Jlokaxky Jia je ©3pas paydoHalaH A :‘«/g—ZH 3—\/5‘
PEIIEHE:
1) [lowrTo je V2-2<0 Bamn‘ﬁ—Z‘:—(ﬁ—Z) 1%

CIMYHO 3—+/2>0 Baxu ‘ 3—\/5‘:+(3—\/§) na Jobujamo

A= ‘ ﬁ—zH 3—\5‘ :-(\E—z)+(3—ﬁ):-ﬁ+2+3—ﬁ=5—2ﬁ

2) Kopucrehu ce nedpuHHULIMjOM anCOIyTHE BPeAHOCTH aJre6apcKor u3pasa Jokas ce

JIaKO U3BOJU:

A:‘ﬁ—z‘—‘ 3—\5‘:—(ﬁ—z)—(3—ﬁ):—J§+2—3+I=—1e Q

CJ10>)keHUjH 0OJIMLIM jeITHAYMHA Y HejeJHAaYMHA Ca allCOJIyTHOM
BpeJHOUINY JIMHEAapHUX aJrebapCKux M3pasa

[TIPUMEPHU:

1) OZpenu ckyn pellema jeJHa4ruHe:

a) |x-2|+|x+2|=4 6) |x-2|+|x+2|=2x 8) |x-1|+|x-2|+|x-3|=3
PEIIEHA:

a) |x-2|+|x+2|=4
U3 geduHUIM]je anicOTyTHE BPeJHOCTH HMaMo:
- -22 -2 >2
|x—2|: +(x-2), x-2>0 =|x—2|: +(x-2), x>
—(x-2), x-2<0 —(x=2), x<2
vt +(x+2), x+220 e+ +(x+2), x>-2
—(x+2), x+2<0 —(x+2), x<=2

I1a ce CKyIl peaJIJHUX 6p0jeBa MOXe II04EJIMTHU Ha TPpU O6JlaCTI/I, HITO Ce MOXKe

IperyieiHO MPeJCTaBUTH TAaOEJIOM:

Xe (—OO, -2) Xe [—2, 2) xXe [2,+oo)
|x—2| —(x-2) —(x-2) +(x-2)
| x+2] ~(x+2) +(x+2) +(x+2)
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PemaBaweM jeiHauMHe MOjeJMHAYHO 3a CBAaKy OJi TUX 06JiacTU J06Ujajy ce cBa
pellema:

3a x € (-, -2)
-x-2)-(x+2)=4
-x+2-x-2=4
-2x=4
x=-2 IITO He MOXKe GUTH pelerbe jep —2¢ (-, -2)
3a xel[-2,2)
-(x-2)+(x+2)=4
-X+2+x+2 =4
4 =4 wTO je Ta4yHA je/lHAKOCT U CBAKH OPOj x € [— 2, 2) je Aeo peuiema
3a xe[2,+o)
+(x-2)+(x+2)=4
+Xx-2+x+2 =4
2x=4
x=2, 1a je ¥ TO [e0 pellewa, jep 2 € [2, +oo)
KoHauHo pelliewe jefHAUYMHE je YHUjA T0jeJUHAYHO 110 06J1acTUMa JJ06UjeHUM

AleJIOBHMA pellea: xe[-2,2)u2} 1j. xe[-2, +2].

0) |x-2] + |x+ 2] =2x
U3 neduHUIM]je anicOTyTHE BPeJTHOCTH HMaMo:
- -22 -2 >2
|x—2|: +(x 2), x-22>0 - |x—2|: +(x ), x>
—(x=2), x-2<0 —(x=2), x<2
+(x+2), x+220 +(x+2), x>-2
|x+2|: T.. |x+2|:
—(x+2), x+2<0 —(x+2), x<-2

1a ce CKyIl peaJJHUX 6pojeBa MOXKe MO/IeJINTH HAa TPU 006JIACTH, ILTO CE MOXKE
nperyieIHO NMPeJACTaBUTH TAa0OEJIOM:

xe(-»,-2) | xe[-2,2) | xe[2,+x)

|x—2| —(x-2) —(x-2) +(x-2)

|x+2] ~(x+2) +(x+2) +(x+2)

PelaBameM jeiHaUYMHE M0jeIMHAYHO 3a CBAKY 0/ TUX 06J1aCTH J100Ujajy
ce CBa pellema:
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3a x € (-, -2)

-(x-2)-(x+2)=2x

-x+2-x-2 =2

-2x=2x

-2x-2x=0

-4x=0

x=0 IITO He MOXKe 6UTH pelerse jep 0 ¢ (-, -2)
3a xel[-2,2)

-(x-2)+(x+2)=2x

- X+2+x+2 =2x

4 =2x

X =2 1UTO HHUje pelleme jep 6poj 2 ¢ [— 2, 2)
3a xe[2,+w)

+(x-2)+(x+2)=2x

+ X -2+x+2 =2x

2x=2x

0=0 wTo je TayHa jeJHAKOCT M pelleHe je x € [2, +oo)

KoHauHo peluerbe jefHaduHe je x € {2}U[2,+ ) Tj. x €[+2, +®) .
8) [x-1]+ |x-2]+|x-3]|=3

Kopucrehu aebuHunMje ancosyTHUX BpeAHOCTH 3a TPU JIMHEAPHA M3pasa Ao6ujaMo

TabeJsy ca YeTUPHU 06J1aCTH:

X e xe(—oo,l) xe[1,2) xe[2,3) X€[3,+OO)

|x-1] - +(x-1)

( (x-1) (x-1)
|x—2| —(x-2) —(x-2) +(x-2) +(x-2)
( (x-3) (x-3)

|x—3| —~ +(x-3)

PemraBamweM jeiHauUMHe N0jeJUHAYHO 3a CBaKy O TUX 06J1acTH 06Hjajy ce CBa peliema:

3a xe(—», 1) fobujamo  x=+1 1TO HUje pelerbe jep 1¢ (-, 1)
328 x€ [1, 2) Jlo61jamo x=+1 1wrTo je pemewe jep 1€ [1, 2)

3a x€ [2, 3) Jlobujamo X=+3 1ITO HUje peliewe jep 3 ¢ [2, 3)
3a x€ [3, +oo) Jlobujamo x=+3 1ITO je peliewme jep 3 [3, + oo).
KonauHo fj06ujamo pememe: xe{+1}u{+3} Tj. xe{+1, +3}.
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2) Oapenu ckyI pellerwa HejeJHAYUHE:

a) |x-2|+|4-x|<4x 6) ||x+5]-x|<8 8) |x+|x-1||>|x-2+|x+1]

PEIIEA:

a) Kako je 36up ancosiyTHUX BpeHOCTU HEHETaTUBaAH Tj. |X - 2| + |4 - x| 2 0 3a cBaku
6poj x To Mopa 6uTu 4x20 maje x= 0 WTO cMamyje 06J1aCT 32 TPAKEHE

peliewa U Tabsanua ce opmupa:

Xe (—o0,0) [0,2) [2,4) [4, +0)
|x—2| / —(x-2) +(x-2) +(x-2)
|4—x| / +(4-x) +(4-x) —(4-x)
sa xel0,2) pobujamo  x>1 maje pewerbe xe(1, 2)
3a xel2,4) mo6ujamo x>% 1a je peleme xel2,4)

328 xe€ [4,+oo) Jlobujamo  x >—3 ma je pelieme

KOHa4Ho pememse je x € (1,2)U[2,4)U[4,+ o) Tj. x (1, +o)

0) Ha ocHoBy |x|<a,3aa=20, Taja je peliembe X >-a U X < +ad OJHOCHO -d<X<+d

OJHOCHO U3 ||x+ 5| -x| <8 cneu-8< |x+5|-x<+8wu

Xe(—oo, —5) xe[—5,+oo)

| x+5] —(x+5) +(x+5)

3a x e(—oo, —5) uMaMo - 8 < -(x + 5) - x < +8 u o6ujam +%>x >—1—23 1a je pelLiemwe

1
xe(—;, —5]; 38 xe [—5,+oo) uMamMo -8 <+(x+5)-x umpaodbujace -8<+5<+8
IITO je TauHA Heje/JHAKOCT Ia ce A00Hja pellewme x € [— 5,+ oo).

KoHayHo pelueme je y ¢ (—B,_S)u[—5,+oo) T.. XE(—lz—g, +00]
2

8) Ha ocHOBy ieduHMIIMja allCONYTHUX BpeJHOCTU GOpMHUpaMO Tabey:
Xe xe(—oo,-l) xe[—l,+l) xe[l,+oo)

|x-1] —(x-1) —(x-1) +(x-1)

| x+1] —(x+1) +(x+1) +(x+1)
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3a xe(—oo, —1) fobujamo 1>3 1ITO je HETAYHO Ma HEMA pelleha
3a xe[—1,+1) Jlobujamo 1>|2x—1| naje game

-1<2x-1<+1
0<2x<+2

0<x<1 mnajepeueme x<(0, 1)
32 xell,+o) gobujamo  [2x—1|>|2x —1| wTO je HETAYHO NIa HEMA pellekba,

KonauHo pememe je xe (0, 1).

ArnicosryTHa BpeZIHOCT U KBaipaTHU KOPeH

Ha ocHoBy fieduHMULIMje KBaJpaTHOT KOpeHa peasiHOT 6poja:

KBazpaTHHM KOpeH peasiHOT 6poja a, KOjU je HeHeraTUBaH, je peaJsiaH 6poj b,

TaKkolhe HeHeraTMBaH aKo Baku: b? =a ¥ KOpPHCTHM ce 03HaKa Ja=b

Jlobuja ce jeJHAKOCT:

3a cBakM peasiaH 6poj a BaxKku \/a72 :| a |

[Tocneara jeJHAKOCT ce MpUMeEYje Y MHOTHUM 33a/jaliiMa, 1ITo he ce BUAETH U3

cnepeher 3agaTka.

3) a) Pemu jegHauuHy y ckyny R: \/x2 —6x+9+\/4x2 +4x+1=13

6) Pewmu HejeqHaYuHy y cKyny R: \/x2 -4x+4 +\/9x2 —-12x+4<4x

PEIIEILE:

a) U3 x?—6x+9 +\ax? +ax+1=13 cneau \(x—3) +(2x+1)" =13;

|x —3| + |2x + 1| =13 1wTO Aa/be peliaBakbeM Ha I0O3HATH HAYUH LOBOAHU 10 ABa

155
pelliewma x e —?, 5

6) s \x®—4x+4+9x2—12x+4<4x cnenu \/(X—Z)Z +\/(3x—2)2 <4x
|x —2| + |3x - 2| <4x u3yeraHa OCHOBY HEHEraTMBHOCTH 361 pa alCOTYTHUX

BpeaAHOCTHU IL[O6I/I]'Z‘1MO x20mu Ada/bHUM pellaBalkbeM l'IOMOhy Tabese u TPpH pa3JiUduTe

. 1
06J1aCTH, Ha TO3HATHU HAaYMH 00HjaMo pelleme: X € [E +00 |,
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'PAOULINA PYHKIHU]JA Y KOJUMA CE HESABHUCHO [TPOMEHJ/bUBA
HAJIA3U 1101 3BHAKOM AIICOJIYTHE BPEAHOCTH

[Tos1azehu of nmo3Hate AeprHUIM]je anicOJyTHE BpeJHOCTH(MO/AyJ1a) peasiHOT 6poja
a, a=>0
-
—a, a<0
M OCHOBHOT 3Hawa O JIMHeapHOj (YHKIUjHU, KBaAPATHO] QPYHKLHjHU, eKCIIOHEHIHUjaJHO]
byHKIMjH, JIOrapUTaMCKO] PYHKIUjU U TPUTOHOMETPUjCKUM (yHKILHjaMa — pa3MoTpuheMo
Heke (QyHKIMje y KOjUMa Ce He3aBUCHO MpOMeH/bUBa(apryMeHT) HaJjla3u I0J 3HAKOM
arcoJiyTHe BpeJJHOCTU(MOoAy1a).
UctakHuMoO Hajupe rpaduk yHKIMje f(x) = ‘x‘ .

AKo HanmpaBHUMO TAGJIMILY OH/A JIAKO [[0JIa3UMO /10 TpadHKa.

[paduun PyHkuuja y = f(x) 15| y=‘f(x)‘ ce MOKJIanajy 3a 06JlacTU Ha KojuMma je
f(x) > (0, a cMMETPUYHM y OJJHOCY Ha X - OCy, 3a 06J1aCTH Ha KOjUMa je f(x) <0.
Jlo rpaduka ¢yHKIHU]je f(x)=x ce MorJio Jjohu U ako ce mMpBO HalpTa rpaduk

byHKLHje fl(x)=x a 3aTuM [JejioBe rpaduka ucnof, X - oce(HeraTUBHE BPeJHOCTHU

byHKIMje) npecJuKaMo CHMETPUYHO Y OJTHOCY Ha X - OCy.

fi(x) = x
f(x) = W
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Ha ocHOBy meduHuMLMje ancosiyTHE BPeAHOCTH ATy QYHKLM]y 3aMHCyjeMO ca BUILE
. x, x>0

dopmy.ia: f(x) = ‘x‘ = {—x, e
3a x >0 ¢pynknuja f(x) = ‘x‘ ce NOHallIa Kao "'06uM4yHa" JiMHeapHa QpyHKIMja f(x) =X, 3a
x <0 gara dpynknuja ce moHama Kao "'o6u4yHa’" MMHeapHa pyHKIHUja f(x) =—X.

Fpaduk PyHkiuje f(x)=‘x‘ cacTaB/b€H je OJ JiBe INOJIylIpaBe U TO f(x)=x 3a
x>20mnu f(x)=—x za x<0.

'paduke pyHKIMja y KOjuMa Ce HEMO3HATA HAJIA3| 110/] 3HAKOM aIlCOJyTHE BPEJHOCTH
JJAKO MOKEMO HalpTaTH aKo KOPUCTUMO rpaduk O¢yHKIHje f(x) = ‘x‘ U aebuHULU]y
arcoJIyTHE BPeAHOCTH peasiHOT 6poja.

IIpumep 1. Haupratu rpaduk pyHKIHje f(x) = ‘x‘ —1.

Pewerve: I'paduk PyHKIHje f(x) = ‘x‘ —1 mgo6ujamo Tako mTo rpaduk OyHKIHje

f (x) = ‘x‘ TPAHCJIUPAMO LYK ) - OCe y HeTaTUBHOM CMepy 3a jeAUHUYHY JYK.

IIpumep 2. Haupratu rpaduk pyHK1Hje f(x) = ‘x — 2‘ .
Pewerve: I'paduk ¢yHKIHje f(x) = ‘x - 2‘ Jlo6MjaMo Tako WTO rpaduk PyHKUUje

f (x) = ‘x‘ TPaHCIMPAMO YJECHO YK X - OCe 32 /IBE je JUHUYHE JYKH.

JlaTta pyHKuHja f(x) =0 Tj. ‘x — 2‘ =03ax=2.
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Ako je x<2, onzga je x—2<0,a onga je ‘x—2‘ =—x+2 u gara QyHKIHja ce
noHala Kao "'obuyHa' MHeapHa QyHKIH]ja f(x) =—x+2.

Ako je X >2,onmaje x—22>0,ao0nz1aje ‘x — 2‘ = x — 2 u jgaTa pyHKIHja ce moHama
Kao "o6uyHa' 1MHeapHa pyHKIHja f(x) =x—-2.
Ha ocHoOBy npeTxoaHOT AaTy QyHKLHjY 3aMUCYjeMO: f(x) = ‘x - 2‘ = { ¥=2a,x22 .

—Xx+2,x<2

I'paduk dyHkuuje f(x) = ‘x - 2‘ cacTaBJbeH je 0 JIBE MOJIyIIPaBe: f(x) =x—2,3ax>2m
f(x) =—x+2,3a X <2.Tauxy (0,2) 30BEMO IIpeJIOMHa Ta4yKa.

Y omnmteM cay4dajy rpaduk yHKIHUje f(x) = ‘kx + n‘ je damuIMja M3I0M/bEHUX

JIMHWja, YMje MPeJIOMHEe TayKe KJM3e MO0 X - OCH, OJHOCHO 4Hje Cy MpeJOMHEe TavKe ca
n
KOOp/MHaTaMa 0,—% :

Ipumep 3. HaupTtaTu rpaduk GyHKIHje f(x) = ‘2x + 4‘ —1.
Pewerse: OyHKIMja ¥Ma MPEJOMHY TadKy 3a ‘2x+ 4‘ =0, ogHocHO X =—2 je HyJa

MoJyJ1a.
Ako je Xx>—2,onzaje 2x+42>0, a taga je ‘2x + 4‘ =2x+4 u gara dyHkuuja ce

noHaiia kao GpyHKIHja f(x) =2x+3.
Axo je x<—2,onzgaje 2x+4<0,aTazaje ‘2x + 4‘ =-2x—4 u gara pyHKuHja ce
noHama Kao GyHKIMja f(x) =-2x-5.

Ha ocHoBy npeTxo/HoT JjaTa pyHKIHUja ce TpaHCPOpMHUlle y:
2x+3,x>-2

2x—5,x<-2

f(x):\2x+4\—1={

[Ipumep 4. HaupTatu rpadpuk pyHKIHje f(x) = ‘2x — 1‘ +3x.
1

Pewerse: OHa Ma IPEJIOMHY TadKy 3a ‘2x — 1‘ =0, ogHOCHO 3a X = —.

1 1 1
bpoj E pacTaBJba CKyl peajJHUX OpojeBa Ha UHTepBaJie: (—OO,EJ v |:E,00j .
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. 1
32 XZE umamo 2x —1> 0, ma je ‘2x—1‘ =2x —1. lata dyHkuuja ce uHTEpBaALY [E,ooj

noHama Kao GyHKIHja f(x) =5x-1.

1 1
3a x< 5 uMamo 2Xx —1<0, na je ‘2x — 1‘ =—2x+1. Jlata pyukuuja ce uaTEpBaATY (—OO,EJ
noHaiia Kkao GyHKIuja f(x) =x+1.

Fpaduk oyHKIHje f(x)=‘2x—1‘+3x je u3jJoM/beHa JIMHHja ca MNPEJOMHOM TayKoM

+3)

PazmoTpuheMo joumr HekosMko npuMepa PpyHKUMja(KoJ KOjUX MMa M BHUIlEe MOJyJa)
KOje Cy Ha HEKM HayMH KapaKTepUCTUYHe 3a yno3HaBamwe rpaduka ¢QyHKLHUje Kaja ce
He3aBHCHO IPOMeH/bMBA Ha/la3y N0/, 3HAKOM alCOJIyTHE BPeHOCTH.

IIpumep 5. HaupTaTu rpadpuk pyHKIHje f(x) = ‘x — 1‘ — ‘x + 1‘ :

Pewerse: Hyne mogyna gare pynkuuje (X =—1 u x=1) pacras/ajy ckyn peannux
OpojeBa Ha ciejiehe UHTepBaJe: (—oo,—l), [—1,1) 7 [l,oo). [locMmaTpajMo AaTy GYHKIUHU]Y Y
CBAKOM 0/1 I0061jeHHuX UHTepBasia MoCe6HoO.

1) Ako je —0o<x<-1, onga je x—1<0u x+1<0, a Taga je ‘x—l‘z—x+1 7

‘x + 1‘ =—x—-1 , ma ce pgara ¢yHKnuja mnoHama Kao  QyHKIMja

f(x)z—x+1—(—x—1),Tj. f(x):2.

Fpaduk o¢yHKIHje f(x) = ‘x — 1‘ — ‘x + 1‘ y HWHTepBaly (—oo,—l) je mosympasa

f(x) =2.

2) Ako je —1<x<l1, onga je x—1<0u x+1>0, a Taga je ‘x—1‘=—x+1 u

‘x + 1‘ =Xx+1, na ce gara ¢pyHkuuja moHama Kao GpyHKIHja f(x) =—x+1- (x + 1),

Tj. f(x) =-2Xx.

paduk PyHkuuje f(x) = ‘x—l‘—‘x+1‘ y WHTepBay [—1,1) je cermeHT rpaduka

f(x) = —2X orpaHv4YeH TaykKama (—1,2) 7 (1,—2).
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3) Ako je 1<x<o, ongma je x—120u x+1>0, a Taga je ‘x—1‘=x—1 u
‘x + 1‘ = x+1, na ce gara pyHkuuja noHama kao pyHkIMja f(x) =x—1- (x + 1), Tj.
f(x)=-2.

Fpaduk ¢yHKIUje f(x)z‘x—l‘—‘x+l‘ y UHTepBay [l,oo) je mosympaBa

f(x)=—2.

Ipumep 6. HauptaTu rpaduk GyHKIHje f(x) = ‘x‘ - 2‘)6 + 1‘ + 3‘x + 2‘ -4,

Pewerse: Hyne mopyna gare ¢pyukuuje: —2, — 1, 0 pacrasspajy ckyn peannux 6pojesa
Ha cienehe wuHTepBase: (—OO,—2) , [—2,—1), [—1,0) 7 [O,oo) . Y cBakoM oJ; A06UjeHHX
MHTepBasia faTa GyHKIMja ce oHalla Ha caefehu HaYuH:

1y I/IHTepBaJIy(—OO,—z) umamo: X <0, x+1<0u x+2<0, OAHOCHO‘X‘ =—X,

‘x + 1‘ = —(x + 1) 7 ‘x + 2‘ = —(x + 2), Te JaTy QYHKIHUjy TpaHCOOPMHUIIEMO Yy (PYHKIH)Y
f(x) =—X+ 2(x + 1) - 3(x + 2) — 4 Koja je eBuBasieHTHa QYHKIHjH f(x) =-2x-8.
Ipaduk gate pyHKIHje y HHTEpBaTy (—oo, —2) je moJsiynpaBa f(x) =—-2x-8.
2) Y uHTepBany [—2,—1) uMmamo: X <0, x+1<0u x+22>0, OAHOCHO‘X‘ =—Xx,
‘x + 1‘ = —(x + 1) 7 ‘x + 2‘ =x+2, Te gary ¢yHkumjy TpaHcopMUlIeEMO Y QYHKIH]Y
f(x) =—X+ 2(x + 1) + 3(x + 2) — 4 koja je eBUBasieHTHA QYHKIHjU f(x) =4x+4.
[paduk pate oyHKUMje y HHTepBaly [—2,—1) , je nmeo mpase f(x) =4x+4
orpaHu4eH TaykaMa (—2,—4) 7 (—1,0).
3) Y unTepBany [—1,0) uMmamo: X <0, x+1>20u x+2>0, OAHOCHO‘X‘ =—Xx,
‘x + 1‘ =x+1 wu ‘x + 2‘ =x+2, Te paty OyHKUWjy TpaHchopMHiieMo y OYHKIU)Y
f(x) =—X— 2(x + 1) + 3(x + 2) — 4 Koja je eBuBasieHTHa QYHKIHjH f(x) =0.
[paduk gaTe pyHKIHMje y UHTEPBAIY [—1,0), je CerMeHT aICI{CHE oce [—1,0] :
4) Y wuHTepBaly [O,oo) umamo: X >0,x+1>0 u x+2>0, oguocHo ‘x‘ =x,

‘x + 1‘ =x+1lmu ‘x +2|=x+2, Te gaty ¢yHKUHjy TpaHchopMULIEMO y PYHKIHU]Y

f(x) =X- 2(x + 1) + 3(x + 2) —4 koja je eBuBasieHTHA QYHKIHjH f(x) =2x.
[paduk gaTe pyHKIHMje y UHTEPBAIY [—1,0), je moJiynpasa f(x) =2x.

Ancnuce y kojuma rpaduk GyHKIMje cede X - 0Cy UJIM Ce MOKJIana ca CEerMeHTOM
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X - oce Cy BpeJHOCTHU He3aBHMCHO NPOMEHJ/bHBE 3a KOje je 3aBUCHO NMpoMeH/bUBa (PyHKIMja)
jennaka Hysu. TakBe BpeJHOCTH HE3aBUCHO NPOMEHJbMBE cy X =—4 u xe[—l,O]. Ose

BpE€AHOCTHU HE3ABHUCHO IPOMEH/bMBE HA3NBAMO, KdKO je MMO3HATO, HyJIaMa (l)YHKL[I/Ije.

['paduk PyHKUMje 4yMja je HE3aBUCHO NPOMEH/bUBA Y JIMHEAPHO] QYHKLIUjU MO,
3HAaKOM allCOJIyTHE BPEJHOCTHU NpeJCTaB/ba U3JIOMJ/bEHY JIMHU]Y YHje CYy Kpajike CTpaHule
noJiyInpase.

Tauke 4uje cy ancuyce HyJie MoAyJia aTe QyHKIMje cy MpeJioMHe Tayke rpaduka gaTe
dyHKIMje YMja je HE3aBMCHO NMPOMEH/bHBA I0J] 3HAKOM alcoJiyTHe BpeJHOCTHU. [IpesioMHe
TayKe Ha3MBaMO TeMEHUMa UJIM YBOPOBUMaA Te U3JIOMJ/bEHE JIMHUje.

[Ipumep 7. HaupTatu rpadpuk ¢yHKquef(x) = 2‘x — 1‘ + ‘x — 3‘ :

Pewerse: I'paduk dyHkiyje he 6UTHU U3JIOM/beHA JIMHUjA KOja Ce CaCTOju O] jelHe
Jy’)KM W [Be IOJylpaBe. JeAuHa TeMeHa (YBOPOBM) Te H3JIOMJ/beHEe JIMHUje Cy Tauyke

A(l,f(l)) 7 B(3,f(3)) Tj. Taudke A(I,Z) 7 B(3,4) na je rpadux yHuja aAyxu AB u

MoJiynpaBUX Koje moJiaze w3 Tayaka A u B. Y ummy mro 6pxer nprama rpadpuka ose
$yHK1HMje Tpeba uspadyHaT KoopauHare ABejy Tadaka C u D 4umje ancuuce cy 6110 Koja
Tayka Mama oJ 1 u 6uno koja Beha oj 3 Ha npumep C(O,S) u D(4,7) jep Taza MMaMo

oapebhene nonynpase AC u BD.

4 4 4
T T T

[Ipumep 8. Hanpratu rpadpuk GpyHKIHje: f(x) = ‘x — 2‘ + ‘x + 5‘ — ‘x‘ -3

Pewerse: T'paduk pyHKIMje he 6UTU M3/I0M/bEHA JIMHHM]A KOja Ce CACTOjU O] /iBe YU
U JIBe TMOJIyIIpaBe Ha KpajeBUMa Te H3JIOMJ/beHe JIMHUje. JeZJuHa TeMeHa Te W3JIOMJbeHe

JIMHUje Cy TadKe A(2,f(2)),B(—5,f(—5)) u C(O,f(())) Tj. A(2,2), B(—S,—l) u
C(O,4), na je rpaduk pyHKILHje f(x) yuuja gyxu BC, CA v nonynpasux Koje mnoJsiase us
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tauaka Bu A. Tpe6a jom mspayyHaTu KoopAuHaTe jABejy Tadaka DD u Euuje ancuuce cy
6UJI0 Koja Tayka Mama oJ —) U 6ujo Koja Beha o 2 Ha mpumep D(—7,1) 7 E(4,4) jep

tajia uMaMo ozipehene noaynpase BDu AE .

[IpukaxkuMo cajia rpadudky jeaHy GYHKIHU]Y Y KOjoj ce jaB/ba "ABojHA' amcosiyTHA
BpPEJHOCT.

Ipumep 9. Ipukaszatu rpapuIKu GYHKIHU)Y f(x) =1- Hx — 1‘ — 3‘ :

Pewerse: Tloctynak ocnob6abama Moay/a je cauM4aH MOCTYNKY ocaobabarma 3arpaza.
Hajnpe ce ocio6ahamo yHyTpalmbUX MoayJIa.

U3pa3z ‘x — 1‘ =0 3a x=1, gakne x =1 je nyna Mmozgysa ""npsor peza'’.
1) 3a x<1 gara dpynknumja ce Tpanchopmuie y pyHKIHUjy f(x) =1- ‘—x +1-3
Tj. f(x)zl—‘—x—2‘.

U3pa3z ‘—x — 2‘ =0 3a x =—2, gakne x =—2 je Hy;1a Moay.s1a "' apyror peja’.

)

3a X<l mu x<-2, ogHocHO camo X<—2 mociaenmu O06JMK JyHKLHUje ce
TpaHchopmuile y GyHKLU]Y f(x) =x+3.
3a —2 < x <1 ¢pynkuuja f(x) =1- ‘—x — 2‘ n061ja 06IMK f(x) =—x—1.

f(x)=1-|x—4].

U3pa3z ‘x — 4‘ =0 3a x =4, nakne x =4 je nysna Mmozysa "zapyror peaa'’.

3a 1<x<4 o¢yukuuja f(x) =1- ‘x — 4‘ ce TpaHchopmuiie y OYHKIH]Y
f(x)=1+x—4 Tj. f(x)zx—3.

3a x >4 dpynknuja f(x) =1- ‘x — 4‘ no61ja 06IMK f(x) =—x+5.

Jlaty JyHKUMjy cMO pacTBOpWUIM Ha ''ob6uyHe" JiMHeapHe ¢QYHKLUje Yy CBaKOM
MHTepBaJly YMje Cy rpaHulie, 0BOM MPUJIUKOM, HyJie MOy Ia.

[ x+3,x<-2
—x-1,-2<x<1
x-3,1<x<4
-x+5x>4

f(x)=1-|x=1-3|=
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['paduk pate ¢yHKuHUje je cKyn rpaduka CBUX OOUUYHHUX JIMHeapHUX (yHKLHUja Y
o/AroBapajyhuM UHTepBajUMa:

[padunu dyHkuuja y=f(x) u y= —f(x) Cy CUMETPUYHHU Y OAHOCY Ha X-0CY.

Jlo rpaduka ¢yHKIHje f(x)=l—||x—l|—3| ce MoOIJIo Aohu ¥ Ha ciaejehy HaYWH:
MpBO HaupTramo rpa¢uk GyHKuHje f; (x) = ‘x‘ a 3aTUM ra TPaHCJAUPAMO YAECHO YK X - oce
3a je ANHUYHY Jy’K; Tako fobujamo rpadpuk GpyHKumje f, (x) = ‘x — 1‘ . Ako rpaduk ¢pyHKIHje
fz(x) TpPaHCJAUpPaMO AYXK ) - 0Ce Y HEraTUBHOM CMepy 3a TPH jelMHUYHe AYKHU J0o6ujaMo

rpaduk QyHKIHje f3(x) = ‘x - 1‘ —3. Ako genoBe rpaduka QpyHKuHje f3 (x) KOjH Cy MCIIO/,
X - oce(HeraTuBHe BpeAHOCTH QYHKIMje) MPecIuKaMO CUMETPUYHO Y OJHOCY Ha X - OCy a
HeHeraTMBHe BpPeJHOCTH QYHKIHje f3(x) OCTaHy MCTe OHZA Jo6ujamo rpaduk GyHKIHje

Ja (x) = Hx - 1‘ - 3‘. 3atum rpaduk ¢yHKumje fy (x) NpecauKaMo CUMETPUYHO ¥ OJHOCY Ha
X- ocy ¥ gob6ujamo rpaduk pyHKIHje fs(x)=—||x—l|—3|. Fpadpuk dyHkumje f(x) ce

Ao6uja Tako wto ce rpadpux dyHkuuje fs (x) TpaHCJAUpa AYX ) - 0Ce Y IO3UTUBHOM CMepy
3a jeAUHUYHY AYXK.

fo(x) = |X I 7|
f3(x) = |X_ 7| -3
fux) =lx - 1- 3
fo(x) == 1- 3
fix)=1-|x-1-3

-10

Ipumep 10. HaupTtaTtu rpadpuk oyHKIHje f(x) =x? - 4|x| +3.

Pewerse: C 063UpOM Ha aTCOJIyTHY BPEAHOCT PYHKI[HMja ©UMa 0OJTHK
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x2—4x+3,x20 (x—2)2—1,x20

/()= ()=

x?+4x+3,x<0 (x+2)2—1,x<0.

IIlpumep 11. HaupTtaTu rpadpuk GyHKLHje f(x) = ‘xz — x‘.
Pewere: Kako je xt—x= x(x — 1) HEHeraTUBHO 3a X € (—oo,O] U [l,oo) u

x*—x,xe (—o0,0]U[1,)

—(x2 —x), X € (0,1)

HEraTUBHO 33 X € (0,1), TO je f(x) =

[pumep 12. Haupratu rpadpuk GpyHKIHje f(x) = ‘xz — 2‘x‘ — 8‘.

Pewetrse: C 063MpOM Ha arcoyTHY BPeIHOCT QYHKIIMja UMa 06JIHUK

) x2—2x—8,x24
‘x —2x-8|,x>0=
—x*+2x+8,0<x<4
f(x)= ,
) X" +2x-8,x<-4
‘x +2x-8,x<0=
—x2—2x+8,—4<x<0
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Ilpumep 13. OfpeAUTH CKyll Tayaka y KOOPJAMHATHOj paBHU KOju je AedUHUCAH Ha

caesehy HaYMH: |y| =x%—x.
Pewerse: JeHaYMHA AATOT CKyIa je AedHUHMCAHA 3a -x>0exe (—oo,O] ) [l,oo)

2
Y 3a TaKBe X MMa O0JIMK ) = i(x - x).

[Ipumep 14. HaupTtaTtu rpadpuk GyHKIHje f(x) =" - 2‘ —1.

Pewerse: Jlo rpapuka PyHKuMje f(x)= 2x+l—2‘—1 ce Moxe gohu Ha ciexmehwm

Ha4yMH: NPBO HaupTaMo rpaduk PyHKIuje fl(x) =2" a 3aTMM ra TpaHCIUPaMO yJIeBO AyXK
X - oce 3a jeAMHUYHY AYX; TaKo AobujaMo rpaduk ¢yHKquef2(x)=2x+1. Ako rpaduk
bynkuuje fz(x) TpaHCJAUpPaMO AYX ) - 0Ce Y HEraTUBHOM CMepy 3a /iBe jeJUHUYHE AYXKHU

fiobujamo rpaduk GyHKIHje f3(x) =2"1_2 . Ako AenoBe rpaduka GpyHKnMje f; (x) KOjHu
Cy UCIoJ;, X - oce(HeraTuBHe BpeJHOCTHU QYHKIIMje) NpecauKaMo CUMETPHUYHO y OJIHOCY Ha X
- 0Cy a HeHeraTUBHe BpeJHOCTH ¢YyHKIHUje f3(x) OCTaHy HCTe OHJA A0b6ujaMo rpaduk
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dyukuuje f, (x) =

dyHuxumje f, (x) TPAHC/IMPA AYXK )V - 0Ce Yy HeTaTHUBHOM CMepy 3a jeJUHUYHY JyXK.

2x+l—2‘. 'paduk ¢yHKUUje f(x) ce Jgobuja Tako IITO ce rpaduk

fi(x) = 2*

fox) = ox+1
fa(x) = 21 -2
fx) =[2:°7 - 2
fix) =2+ -2 -1

—————————

— e w— — =

Ipumep 15. Kako Hajiakiue HaupTaTy rpadpuk QyHKIM]je f(x) = |ln|x - 1”

Pewerse: Jlo rpaduka ¢yHKUHje f(x) = |ln|x - 1” MOXEMO JIaKO JIohW aKo peJioM
ypramMo rpaduke o¢ykuuja f, (x) =Inx, f, (x) = ln(x — 1), fs (x) = ln|x — 1| ¥ Ha Kpajy
f(x) = |ln|x — 1||

fi(x) = In(x) sl
fo(x) =In(x - 1)
fs(x) = In(x - 1))
fx) =lin(x- 1) *T

1

3
IIpumep 16. HaupTtaTu rpadpuk GyHKLH]je f(x) =|—Ccosx ——

Pewerse: Jlo rpaduka fos1a3uMo ako Hanpramo rpaduk GpyHkumje f, (x) =cosXx,
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: 3 , 3 1
satuM rpaduk pyHkumuje f, (x) = ZCOSX, na rpadpuk GyHkuuje f3 (x) = ZCOSX — 5 U Ha

Kpajy rpaduk GyHKIuje f(x) = ZCOSX ——

3 1 ‘

[TIPUMEHA TPAOUKA ®YHKIHJE Y PEHIABAKY JEAHAUYWHA
N HEJEAHAYHHA CA AIICOJIYTHUM BPEJITHOCTHUMA

Kopucrtehu ce ocHOBHUM 3HawkbMMa Be3aHUM 3a IpUMeHy rpaduka pyHkiuja moryhe
je Ha jeJHOCTaBaH, pa3yMJ/bHUB U BU3YyeJIHO yOeJ/bUB HAYUH PELIMTH MHOTE CI0KeHe 00/11Ke

jeaHa‘mHa H Heje,E[Ha‘-lI/IHa.

Pemema jegHaYMHE 06/IMKa: f(x) =g(x) cy anpuce (X-KoopAHHaTe)
npeceyHUX Tayaka rpaduka pyHknuja y =f(x) u y = g(x).

Pemewa HejegHaUMHe 06/IMKa: f(Xx) >g(x) je ob6aact (a, b) c R 3akojy
Ba)KU /A je 3a CBAKU X U3 Te o6JsiacTu rpaduk pyHkuuje y = f(x) "usHag"
rpaduka pyHkuuje y = g(x).

Pemema HejesHauMHe 061MKa: f(x) <g(x) je obsmact (a,b) c R 3akojy
Ba)KU /A je 3a CBAKU X U3 Te o6JsiacTu rpaduk pyHkuuje y = f(x) "ucnog”
rpaduka pyHkuuje y = g(x).
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Tepmunu "u3Hazn" u "ucnon" MMajy 3Hauyemwe y CK/IaJly ca BU3yeJHUM NpeJicTaBaMa

KOje y4YeHHUIIM MMajy ca HalpTaHUM rpadpuiiiMa U BeoMa JIaKo ce YCBajajy.

[IPUMEP: a) Pemu jeqHauuny: 3| x|=x+4

0) Pemy HejenHauuHy: 3| x| >x+ 4

8) Pemu jegHauuny: 3| x|<x+4

PEIIEHA: 3agobujame peluierwa npBo heMo popmupartu rpaduke GpyHKIHMja

254

B(2,2)

(-1, 1)

y=(x+4)/3
054
2.5 2 L5 1 0.5 U}.S 1 15 2 25 3 >
3a pellewa jeHAYUHE 3| x| =x+4 Kojaje eKkBHBaJIeHTHA Ca jelTHAYUHOM
x+4 1 4
| x| = OJJHOCHO | x| = —x+—
3 3 3

kopuctuheMmo rpaduke pyHkuuja: f(x) :| X | u g(x) :%x+§ Y KaKo Cy npeceyHe
Tauyke Tux rpapuka:A(-1,1) u B(2,2) peleme jejHauMHe 06IMKa:

f(x)=g(x) cy anuuce TUX MpeceyHUX Tayaka: X=-1 U X=2, Tj. X€ {—1, 2}

3a peniewe HejeaAHauuHe 3| x| > x + 4 kopucTUMO rpadpuke UCTUX QYHKIIM]jA KA0 U Y
NpPeTXOAHOM CJy4ajy a peliewe 3a f(x)>g(x) je ob6aacT 3a Kojy Baxku Aa je rpadpuk
byHKLHje y=f(x) "usHag" rpaduka pyHkuuje y=g(x),aTo je:
xe(—o, —1)U(2, +o)

3a peuiewe HejeAHauMHe 3| x| <X+ 4 KopUCTUMO rpadrke UCTUX PYHKIHja KA0 U Y
NpeTX0JHOM CJy4ajy a pelueme 3a f(x)< g(x) je obsacT 3a kojy Baxku Jia je rpadpuk
byHKLHje y=f(x) "ucnop" rpaduka pynkuuje y=g(x),aTo je:
xe(-1, 2)
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3AJIALM:
1) Oppenu peanaH mapaMmeTap d Tako Ja jefHauuHa 2| x - 1| + | x - 3 | = a uMa TayHO
jelHO pelleme.
2) Oppenu peasiaH mapameTap d Tako Ja jeflHayuHa | x- 2|+ |x+5|-|x|=a+ 3 uma
HajBehu 6poj peliema.
3) Hekaje a ¢ukcupaHn peasaH 6poj. PeluTH jefHaYHUHY ‘2x + a‘ —ax=2.
4) Y 3aBHCHOCTH 0/} peaTHOT TapaMeTpa @ OJPEJUTH KOJHUKO pellleha UMa CUCTEM :
‘x‘+‘y‘=1/\x2 +y>=a’.
PEIIEHA:
1) IpBo hemo popmupaTtu rpaduk dyHkuuje f(x) = 2| x- 1| + | x - 3 | Ha Beh no3HaTu

Ha4yMH, a HAKOH Tora U rpaduke 3a yHkuujy g(x) = a ( xopu3oHTa/He IpaBe Koje
ceky y-ocyy tauku (0, a))

—3x+5 ako xe(-, 1)

f(x)=1 x+1 ako x¢€[1,3) u gx)=a, aec{1,0,1,23,.}
3x-5 ako x&[3, +)

Ca rpad)mca Ce JIAKO MO>K€ 3aK/bY4YUTH [a 3aJaTa jeﬂHa‘-II/IHa HnMa jeﬂHO pememe 3a

a=2, jep3a a<2 HeMapellewa,a3a a>2 jefHaYMHA UMa [iBa pellea.

[

fx)=2|x-1|+|x-3]|

gx) =3

gx)=2

g(x)=1

g0=0 | x

T T u T u u T T T
-1.5 -1 -0.5 0.5 1 1.5 2 25 3 35 4 4.5 5

L 4o

g(x)=-1
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2) 3apeliere 0BOT 33JjaTKa kopuctuhemo rpadurke pyHKLHja:

fx)=|x-2|+|x+5]|-|x|-3 u gx)=a ac{1,0,1,23,.}

o

\Ax)=5 /
2()6\4 . /
2(x)=k .5\'63 . /
AN 2 NS

L dol

=t
bt
o

~

[

N
o
()
o4
w
.
-

Ca rpaduka ce JIako MOKe 3aK/bY4YMTH /1 33/]aTa jeITHaYMHA:

323 a<-1 HeMa pellemwa,
3a a=-1 ¥IMa jelHO pellembe,
3a -1l<a<?2 MMa /iBa pellemna,
323 a=2 ¥iMa TPHU pelleha,
3a 2<a<4 MMa YeTUPHU pellemna,
323 a=4 MMa TPHU pellema U
323 a>4 MMa [Ba pellema.
KoHauHoO pelneme 3asaTkKa je: 2<a<4 T1j.ac(24).

3) PasnukoBaheMmo fABa ciayyaja:

a
1) 3a2x+a=>0,Tj. x> _E’ II0CTaB/beHa jeZfHa4yMHa Ce CBOAM Ha 2X +d—ax =2, wro je
eKBUBaJIEHTHO ca 2(x - 1) + a(l - x) =0, T (2 - a)(x - 1) =0. Ykonuko Baxu d =2,
pelleme Cy CBM 6pPOjeBH X KOjU MCIyH-aBajy yCJOB OBOI Caydaja, Tj. X 2_7 =—1. Ykonuko

BakM d # 2, Taja je jeauHo moryhe pememe X =1, u NIpuTOM 0BO pelieme IOCTOjU CaMoO

a
YKOJIMKO Baxku | > 5 Tj. a>—2.

a
2) 1) 3a2x+a<0,Tj. x< _E’ II0CTaBJ/bEeHA jeJlHaYMHa Ce CBOAM Ha —(2x + a) —ax=2,

IITO je eKBUBAJIEHTHO ca 2(1+x)+a(1+x)=0, Tj. (2+a)(1+x)=0. YKOJIMKO BaXkKH
-2

a =—2, pelieme Cy CBU OpOjeBU X KOjU HCIyH-aBajy yCJIOB OBOT caydaja, Tj. X <——=1.
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VKOJNIMKO Baku d #—2, Taja je jequHo Moryhe pememe X =—1, ¥ npuToM 0BO pememe
: a |
MIOCTOjU CaMO YKOJIMKO Baxku —1 < 5 Tj. a<2.

JlobujeHu 3aK/by4liM 06jeJUbEHU CY V TabeJU:

a<-2 a=-2 —-2<a<?2 a=2 a>?2
x=-1 xe(—oo,l] xe{—l,l} xe[—l,oo) x=1
4 ) Pewersve:

0 axoje ‘a‘<—2v‘a‘>1; 4 ako je ‘a‘z—zv‘a‘:l; 8 axo je —2<‘a‘<1.
2 2 2

3AJALN 3A BEXXBY PEITABAHA TPAOUYKOM METO/IOM:

(ca kopuwhewem rpadpuka pyHkLuja)

3adamak 1. Pemutu: 1) jeaHaunHy ‘3 - Zx‘ =35;

2) HejeaHaqHHy‘?) - Zx‘ <35.

Pewerbe: Ako HanpTamo rpadpuk

byHkLHje y = ‘3 - Zx‘ u V=5 BUAMUMO Ja je
pememe jeqHaunHe X =—1 u x =4 a pememe
HejeJHAYMHE X € (— 1,4).

3adamak 2. JlaTa je pyHKuHja: f(x) = |x - 2| + |x + 5| - |x| -3.

Ancoanymna 6pedHoOCm y HACMA6U MAmMmeMamuKke y cpedwbum WKoORIAMA
U Ha RPpPUjeMHUM UCRUmMUMA 34 YhRUC paKyamema
Aymopu: Munocae Munenxkoeuh u /Ipazonyo Bophesuh cTpana 28




1) PewutHu jejHa4YuHy f(x

3.
-3.

)
2) PewntHu jejHa4YuHy f(x)
3) Pewntu jejHa4YuHy f(x)
4) Pemiutu HejefHAUMHY f(x) >3,

0; (1. [x—2+|x+5]-|{4-3=0).

5) Hahu MUHMMaJIHY BpeIHOCT U3pasa ‘x - 2‘ + ‘x + 5‘ - ‘x‘ -3.

6) Oxapeautu a € R Tako jajegHadynna ‘x — 2‘ + ‘x + 5‘ — ‘x‘ —3 =a uma TayHo:

a) Hysa peuwerba 6) jedHo peul. c) dsa pew. d) mpu peul. e) yemupu pew. f) nem peul.

7) JenHaynHa ‘x — 2‘ + ‘x + 5‘ — ‘x‘ —3=a, a € R, uma makcuMasaH 6poj pasIMYUTUX

peasIHUX pellekha ako 1 CaMO aKo BpeJHOCTH peayIHOT IapaMeTpa d npnnaaajy

WHTEpBaJy:

a) (mo,-1) b) (-12) ¢) (24) d) (4,0) e [-1.2]

Pewerse: Ao HanpTamo rpaduk GyHKIUje f(x) = |x - 2| + |x + 5| - |x| -3

OHJa JIAKO J0JIa3UMO A0 pellelkha CBUX IOCTAB/bEHUX 3aJaTaKa.

3adamak 3. 3a Koje BpeJTHOCTH peasiHOT 6poja d jeAHAUYMHA Hx — 1‘ — 1‘ =a uma

HajBMIlE pea/HUX pellewma 1o X ? OgpeJUTH CBa Ta pelletba.

Peuwierve:

[IpBo ce HaupTa rpaduk GyHKLHje T

yz“x—l‘—l‘.

I[IpaBa y =a He cedye 106MjeHH T

rpaduk ako je @ <0 ; cede y fBemMa Taukama
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akoje a=0va>1;cedeyTpumaTaukama akoje a =1; cede y yeTupu Tauke aKo je
O<axl.
[Ipema Tome Tpaxkenu untepsan je) <a <1,a po6ujeHa pemema cy Taga —a,a,2—a,2+a.

3adamak 4. Bpoj peiema jegaaunte Vx> —2x+1-3|=1 je:
A) mMawu of 3 B) 3 C) 4 D) 5 E) Behu o 5

Pewerse: U3spas

Ve

JloJ1a3UMo J10 oAroBopa noz C.

Vx? —2x+1- 3‘ =1je ekBUBaJIeHTaH ciaejehum n3pasuma

=1, Hx — 1| — 3‘ =1. [pramwemM rpadpuka GyHKuHja Y = Hx - 1‘ - 3‘ uy=1

N

N/

| | | | | | Y | | | | | | |
T T T T T T T T T T T T T T T T T

5 O 5 10

3adamak 5. PemiuTy jefHAYUHY ‘2 - ‘1 - ‘xm =1.
Pewerve: X € {— 4, -2, 0, 2, 4}

| | |
T T T T T T T T T T T T

3adamak 6. Pemutu HejefHAYNHY \/1 +2x4+x7 + \/)c2 —8x+16>7.
Pewerbe: 3ajaTak ce CBOAM Ha LpTame rpaduka GyHKuHje ) = ‘1 + x‘ + ‘x - 4‘ uy=7.

y=[14x| + [x-4|
y=7
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Pewere HejefHAYNHE je X € (— oo,—2)u (5,+x).

3adamak 7. 36Up CBUX pellerha jeHauyruHe H2x — 3‘ — 4‘ =6 je:

A) 13 B) 6 C) 3 D) _7 E) 10
2 2

\ | /

Pewerse: Tlop C.

3adamak 8. Kosnnko penierma MMa jeJHadYuHa Zx/x2 +2x+1+ \/4 —4x+ x> =2017.

A) 0 B) 1 C) 2017 D) 4 E) 2

Pewerse: Tlog E.

Pewerve: 1 < x<2v x=5. 5
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3adamak 10. Pemuty HejegHauuHy: 1 < ‘x + 1‘ - ‘x - 2‘ <3.

Pewerve: x e (1,2)

3adamak 11. PeliuTy CUCTEM jeJHAYMHA: ‘x - 1‘ - ‘x - 4‘ =3A ‘x - 2‘ - ‘x - 3‘ =1.

Pewerve: at
2] /
_ e M A B o B
Ako HaupTamo OAI‘OBapa]yh? rpaduke A
BU/IMMO /I je peliierbe NPBe jeJHAUNHE
xe[4,oo) 4T

Pememe fpyre jejHa4rHE X € [3,00).

Jlaksie permeme cuctema je x € [4,0).
3adamak 12. Hahu HajMamwy ¥ HajBehy BpegHOCT QyHKLHje f(x) = ‘xz —5x+ 6‘ Ha

CErMeHTy {O,%}.

Peuwerve:
Ako HaypTamo rpaduke QyHKIMja:

f(x):‘x2—5x+6

12 .
, x=0mn x:? BUJIMMO /A je

HajMama BpeaHocT pyHKUMje 0, a HajBeha 6.
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3adamak 13. PelIuTy HejeJHAYNHY: ‘xz —2x— 3‘ <3x-3.

Pewere: x € (2,5)

3adamak 14. PemiuTH jeHA4YUHY: ‘xz - 3‘x‘ + 1‘ =1.

Pewerve: xe{-3,-2,-1,0,+1,+2,+3}

3adamak 15. PeminTy HejeJHAYUHY: 10 > 10

Pewerse: 3aaTak ce CBOAM Ha pellaBame HejeJHAaYUHe ‘Sin x‘ > ‘COS x‘ . Carpaduka

byHkyje y = ‘sin x‘ uy= ‘Cosx‘ BHU/IMMO /1a je pelliehe AaTe HejeJHAYnHe

Z+k7r<x<3—7[+k7r,keZ.
4 4

f(x) = sin(x) I g(x) =lcos(x)

|

-5 -4 -2 2

Pewerve: (x € (— 6,—?;)U (— 2,1) AXE [— 2,0]) &S xe (— 2,0]
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3adamak 17. PellIUTH CUCTEM jeJHAYMHA: ‘x + y‘ =1A ‘x‘ + ‘y‘ =1.

Pewerse: {(C, l—C)} akoje 0<c<1, {(C, —1—C)} akoje —1<¢<0.

3AZIALIA CA AIICOJIYTHUM BPEAHOCTHUMA HA
[TIPUJEMHUM UCIIUTHUMA 3A YIIMC HA OAKVYJITET

3adamak 1. ]egHaunHa \/)c2 —10x+25=x-5":
A) uMa Bullle o/ TpU pellewa B) uMa TayHo jesHO peliebe () MMa TavyHO /iBa pellerha
D) umMa TauHo TpH pewierba E) HeMa peliewa
\

4

Pewerse: JlaTa jeqHayuHA Ce CBOAU Ha
jeAHaYuHy ‘x — 5‘ = X —5 aoHa ce cBOAM Ha LipTambe

24

rpadpuka pyHkumja y = ‘x — 5‘ My=x-—7J.
3aje JHUYKO 3a

oBa Ba rpaduka je X € [5,00) naje
peliemse o A.

3adamak 2. CBa peliiera jeHaYNHE HZX - 3‘ - 7‘ =10 npunaaajy ckymy:
A) {10,20,30}  B) {~7,10,20} C) {~7,20,30} D) {10,12,14,20} E) {~7.7}

/

10

Pewemre: Ilop B. ) ° +

Ancoanymna 6pedHoOCm y HACMA6U MAmMmeMamuKke y cpedwbum WKoORIAMA
U Ha RPpPUjeMHUM UCRUmMUMA 34 YhRUC paKyamema
Aymopu: Munocae Munenxkoeuh u /Ipazonyo Bophesuh crpana 34




3adamak 3. 36up peluema jenHaunne \ Xx° —4x +4 =2x —1 jeanax je:
A) -2 B) -1 )0 D) 1 E) 2

Peuwerse: Ilox D.

3adamak 4. Bpoj pelllewa jeJHAYNHE |2x— 3| —|x+ 2| =3—-x je:
A)1 B) 2 C) 3 D) 0O E) O

Peuwerse: Ilon B.
3adamak 5. CKyn peajHUX pellleba HejeJHaYnHe Hx + 1‘ — ‘x — IH <1 je:
1 1 11
A -2——1| B -2 C -——| D) (=2]1) E) (1,2
) (23] o (32] 0 (3] D 20 B (2

24

\ |/

Pewerse: Ilog, C.

3adamak 6. 36up CBUX LIeJI0OPOjHUX BPETHOCTH X TAKBUX Jla BAXKU jeJHAKOCT
5—]x|=5-]x jee A)12 B0 5 D2 E)O

Peuwerve: Ilop E.
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3adamak 7. Ako je ‘x - 4‘ +5x=-8, x€ R, Tana ‘x‘ NpUInaja MHTepBaly:
A) [2,4] B) (0,2) € (46] D) [7.8 E) (810];

Peuwerse: Ilop A.

3adamak 8. Pelierbe HejeHAUMHE ‘xz —-X— 6‘ >4 je:

2 2

A){—oo,l_m]u(—l,Z)u(H_m,oo] B)(-23) CO)(-o,0) D)(-1,2) E)(-o0,-2)u(3,x)

Peuwerse: Ilop A.

k'
t

3adamak 9. CKyIl CBMX pelllera HejeJHaYuHe ‘xz —-2x - 3‘ < ‘3x - 3‘ je:

A)(-35) B)(-3-1)u(4) O)(-3-2]u[35) D)(-3,0)U(2,5) E)(-0,0)u(2,0)

Peuwerse: Ilox D.
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2 .
3adamak 10. JeqHayrHa ‘x —-2x- 3‘ =a, a € R, umMa MaKcuMaJiaH 6p0j pas3JUuIUTUX

peaJIHI/IX peme}ba adKO M CaMO aKoO BpeﬂHOCTI/I peaﬂHOF napaMeTpa a HpHHaﬂajy:
A)(~0,-4] B)(-4,0) C)(-w,0) D)(04) E)[4,)

Pewerve:
Bpoj pelema jesHayrHe ‘xz —2x - 3‘ =a, je
jeAHaK Opojy npeceyHUX Tayaka rpadpuka
dyHkuHje y = ‘xz —2x —3‘ u y=a.bpoj
NpeceyHUX Tayaka je MaKkCUMaJlaH ako KcaMo
aKo a € (0,4). TauaH ogrosop je moz D.

3adamak 11. Bpoj peliera jefHaYNHE 3 -‘2 — ‘xH =1je:
A)0 B)1 C)2 D)3 E)4

1 N
Pewerse: Ako HaLpTaMo rpapuke GyHKIHja Y = i 37y y= ‘2 — ‘xH BUIMMO Jia
3
MMajy 4 npecedHe Tauyke. TadyaH ogrosop je nop E.
2
_____ T N/ r——

-3 -2 -1

3adamak 12. JeqHadnHa ‘ln x‘ —ax =0, a € R, uma Tpu passmunTa peasiHa peniemwa

aKo M caMO aKo BPeJJHOCTH peasIHOT lapaMeTpa d NpUIazjajy:

A) (-»,0) B) (01) C) (03 D) (ée] E) (e,o)
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Pewerse: LipTatbeM rpaduka GyHKIMja V = ‘ln x‘ M ) = ax v ojbalyBameM 0roBopa
noj B fo6ujamo peieme nog C.
3adamak 13. bpoj peliewa jejHaUMHE ‘ln x‘ = ‘x - 3‘ je:
A)O B)1 C)2 D)3 E) 4

Peuwerse: Ilox D.

3adamak 14. Bpoj peliema jejHaYMHe 2‘ln x‘ = ‘ln(x + 2)‘ je:
A0 B)1 €2 D)3 E)4

Pewerse: 'padpuny dpynkumja y = Z‘In x‘ Hy= ‘ln(x + 2] ce CeKy y JiBeMa TadyKaMma.

Haxse oarosop je noz C.

3adamak 15. JeqnaunnHa ‘x‘ =47sinx uMa:

A) TauHo 1 periemwe B) TauHo 3 peliemwa C) TayHO 4 pelema
D) TayHo 8 pelewa E) Bule of 8 peuiera

Pewerse: Tlog D.
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V4 RY/4
3adamak 16. Bpoj oHMX peliema jejHaYrHe 7T SIN X = (X — Z —|x— T ,
KOja IpuIazajy UHTepBaay (— 71',71'), jefiHaK je:
A)O B)1 C)2 D)3 E) 4;

Il Il Il Il Il 4 Il Il Il Il
T T T T T ? T T T T T
-5 / 5

Peuwerse: Ilox D.

3adamak 17. Koavko peliewa MMa jeJHa4YMHa 27rcosx=‘x‘—‘x—7r‘ :
A) 0O B) O C) 2 D) 3 E) 4

/\A/\/\/\ ANANNANAN

11 11 N T T T I T o | 11 11 1 ! 11
L || ||||||||| || L || ||||||
2C 10 2

\/\/\/\/\/

Peuwerse: Ilop A.

3adamak 18. Bpoj pewersa jefHaunne \4x> —4 -‘Sin 27z:x‘ =+/x* -1, koju
3a/10B0OJ/baBajy yCJI0B ‘x‘£2 jee  A) 6 B) 8 C) 10 D) 16 E) 18

=

AAAAAAAA
vvvvvvvvvvvvvvvvvvvvvvvvvvvvvvvvvvvvvvvvvvvvvvvvv

Pewerse: JeqHauMHa IOCTUJU KaJia je ¥ =120 Tj. X € (— oo,—l]u [l,oo). Pememwa cy
1 .
+1 a ocrana ce 106ujajy kao npecek PpyHKIH]ja y= E uny= ‘Sln 27Z:x‘ y UHTEepBaJy Of,

[— 2,1)U (1,2]. Jlakiie peniemse je noz C.
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3adamak 19. bpoj peliiewa jeHaUMHE x* - ‘sin x‘ =0 je:
A) O B) 1 C) 2 D) 3 E) Bume ox 3

Peuwerse: Ilox D.

3adamak 20. bpoj peliiewa jeJHaUMHE ‘ln(x + ZX =COSX je:
A) O B) 1 C) 2 D) 3 E) Bume of 3

Peuwerse: Ilop, C.

3adamak 21. bpoj peliiewa HejeJHAUMHE ‘Sin x‘ + ‘COS x‘ <1, koja npunazajy

CerMeHTy [— 7[,7[] je:
A) O B) 3 C) 5 D) 7 E) Bumeop?7

Pewerse: Ako HaupTaMo rpaduke PyHKLHja y = ‘Sin x‘ uy=I1- ‘COS x‘ Ha CErMeHTY

[— 7[,7[] BUJIMMO /1A je pelllerbe JaTe HejeqHauyuHe o/, C.

MMa MaKcuMaJiaH 6poj pelliera ako je:

3adamak 22. JegHauuHa X —d = 2‘2\/ x*—a’

1 1

A)|a|<1 B)0<a<lva>2 C)-2<a<0 1))ag—2vaz—E E)—2<a<—§

Pewerse: [IpBo HalpTamo rpaduk GpyHKLHje

y= 2‘2|x| —az‘. Ako xohemo fanpaBa y=Xx—a u
byHKIHja y = 2‘2|x| - az‘ MMajy MakCcHMaJiaH 6poj

peceyHUX TayaKa OH/ia MOpa GUTH HCIYH-€H YCJIOB
a2
X+ <x—a<x+2a’.PelmaBambeM 0BOI CUCTEMA

1
Jlobujamo a a € (— 2,—5] . Pemiewse o E.

Ancoanymna 6pedHoOCm y HACMA6U MAmMmeMamuKke y cpedwbum WKoORIAMA
U Ha RPpPUjeMHUM UCRUmMUMA 34 YhRUC paKyamema
Aymopu: Munocae Munenxkoeuh u /Ipazonyo Bophesuh crpana 40




x|+|y|l=a
3adamak 23. [laT je cucTeM jeiHAYMHa: {| 2| | |2 . Hahu cBe BpeiHOCTH napameTpa
x“+y =1

a 3a KOje 1aTU CUCTEeM jeJHAYUHA KUMa TAa4yHO 8 peliewba’?

(A)ae[%,l} (B)ae{%,l} (C)aelV21] (D)ae(iV2) (E)aee,lj

Peuwerse: Ilox D.

3adamak 24. Konuko pelera UMa CUCTEM jeiHAYMHA ) = Z‘x‘ -3 ‘y‘ +x=3:
A) 1 B 2 € 3 D 4 E 5

Peuwerse: Ilog C.

3adamak 25. Ykynan 0poj maposa 1enmx Opojena (x, y) TaKBUX J]a BaXKH
1
‘xz—Zx‘—y<§ u y+|x—1|<2 je:

(4) 0 (B) 2 (C) 1 (D) 4 (E) 3 (N) Hesnam

1]
U
LLEELCELTEETLEETTE

7

Peuwerve: Ilop E.
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3adamak 26. Bpoj pea/lHUX pellietba je/JHAYNHE Hl - |x|| - 1‘ —2 =0 jeanax je:

(4)0 (B)1 (C)2 (D)3 (E)4 (N) nesnam

Peuwerse: Ilop, C.

|log3 |2x + 3|| -3 §

3adamak 27. CKynl CBUX peasIHUX pellleha HejeJHaUnHe 0 je

logyx
06.1MKa (3a HeKe peasiHe 6pojeBe d,b,c,d TakBe faje —0<a<b<c<d <+w):

(4)(a.b) (B)(a.b]ulc.d] (C)(ab)u(b,c) (D)(a,b)u(c,+x)

(E)(a,b) U (bac)U(d,+0) (N se swam

-
“w
S
Ss
~

S
&
ol
cee ?_.2;,15:4--.-.—— — o

4
‘I
‘s-
cee
-
-

Peuwerse: Ilox D.
3adamak 28. Bpoj 11eJ106p0ojHUX pellieha HejeJHaYUruHe SIN X < |COS x| y UHTepBaJly

[0,8] jeanax je: (4)4 (B)5 (C)6 (D)7 (E)8 (N) nesuam
fi(x) = sin(x) fa(x) =|cos(x)
g \\\ S -~
e N N . ° a2 o 4
] \ s
05 \\ //

Peuwerse: Ilog, C.
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